Abstract.
In the process of obtaining these results, Hatzenbuhler and Mattson implicitly proved the following lemmas:
A. [HM] Let X be compact Hausdorff and let K be a closed (/¿-set of X. Then K is the union of components of X if and only if there is a countable upper semicontinuous decomposition of X into closed blocks having K as one of the blocks.
B. [HM] Let X be a Tichonov space in which R(X) is a nonempty compact set. Then ß(X/R(X)) = ßX/R(X).
However, this last result, B., is just a special case of:
1. Lemma. Let X be Tichonov and K be any nonempty compact set in ßX.
Then ß(Xu K/K) = ßX/K.
Proof. Clearly ßX/K is compact Hausdorff and contains a dense copy of (X U K)/K. Hence it is a compactification of (X u K)/K. If f G C*[(X U K)/K], let t: ßX -► ßX/K be the quotient map and take p to be the restriction of t to t^[(X u K)/K]. Then f o p gC*(XvjK) . Since ß(X U K) = ßX, we can extend fop to ßX. Thus we have an extension of / to ßX/K, so (X\JK)/K is C*-embedded in ßX/K. D
Whence their result A. yields:
2. Theorem. Let X be a non-locally compact Tichonov space and let K be compact in ßX so that K n X = R(X). Then (X U K)/K is a Zippen space if and only if K is the union of connected components of clßX(ßX\X) and ßX\(XuK) is a-compact.
For convenience, let I» = lu cLx R(X). Notice that ßX\Xß is just the locally compact part of ßX\X.
3. Corollary. For any non-locally compact Tichonov space X, if Xß) clßX R(X) is a Zippen space, so is X\R(X). Moreover, Xß/ clßxR(X) is a Zippen space if and only if ßX\Xß is a-compact and cL^ R(X) is the union of components ofclßX(ßX\X).
At this point, it is natural to ask when cL^ R(X) = R(Xß). The answer, as shown in Theorem 8 below, involves almost locally compact outgrowths.
II. Almost locally compact outgrowths 4. Definition. If the locally compact part of X, X\R(X), is dense in X, then X is an almost locally compact space. Let us extend our notation. Let X be Tichonov and aX be a compactification. We define Xa = X U daX R(X) as a subspace of aX.
6. Theorem. For every aX, R(Xa) is compact and Xa is almost locally compact.
Proof. Since R(XJ is closed in Xa and contained in compact claXR(X), the result follows from 5. D 7. Lemma. Let X be a non-locally compact Tichonov space and aX be any
Proof. We show R\R2 c R(XJ, from whence it follows that clx(R\R2) ç clXi¡(R\R2) Q R(Xa), closed in Xa . Let p G R\R2. Suppose that p £ R(Xa), so that there is an (Xa-) open neighborhood G of p such that cl^ (C7) is compact. Since p £ R2 U R(aX\X) = daX R(aX\X), we may assume
Theorem. Let X be a non-locally compact Tichonov space. For every a, the following are equivalent:
Proof. The equivalence of (a), (b), and (c) is immediate from the observation that R(Xa) ç claA. R(X) is always true.
= aX\Xa is always true.
Corollary. If aX\X is almost locally compact, then X is almost locally compact.
Proof. By 8, R(Xa) = daXR(X). Thus X\R(X) = Xa\R(Xa), so dx[X\
The converse of 9 is false. Every Y is ßX\X for almost locally compact, pseudocompact space X = W* x ßY\{cox} x Y. The difference in the quantifiers in (e) and (f) raises the question of their equivalence. As we shall see below, the implication is not reversible.
11. Theorem. Let Fa: ßX -* aX be the Cech map (fixing X pointwise). If ßX\X is almost locally compact, then aX/X is almost locally compact if and onlyiffa [R(Xß) 
The result now follows from 8. D
In 12 through 15, assume X and Y are T2 and /: X -> Y is a map (continuous surjection). Following Birke [B] , let us call / a k-map if it is a map such that the pre-image of each compact set of Y is compact in X. Proof. Assume aX\X to be almost locally compact. By (8) and (13), R(X) ç R(Xa) C ga [R(Xß) ]. The definition of ga insures R(X) ç R(Xß), so an application of (8) It would be interesting to known whether R(X) is almost locally compact and Xß/R(Xß) is Zippen implies Xa/R(Xa) is Zippen for all a.
Theorem. // / is a k-map, then R(X) ç f~[R(Y)]. Proof Let x G f~[Y\R{Y)] and f(x) = y G G (open) such that cly(C7) is compact. Then x G f~(G) ç f^[dY(G)], compact. Therefore x G X\R(X).

III. Examples
If AT is a compact set of ßX\Xß, and we let aX = ßX/K, then the map ga: Xß -► Xa is just the identity map, hence it is trivially nearly perfect. We now consider two examples where ga is not nearly perfect. Let X C R2 be given as X = {(x,y): 0 < \x\ < 1, \y\ < 1}U{(0,y): y G Q, |y|< l}\{(x,sin(l/x):0<|x|< 1}. Then R(X) = {(0,y): y G Q, \y\ < 1}. Let aX = {(x,y): \x\ < 1, \y\ < 1}. Then R(aX\X) = {(0,y):y G R\Q, \y\ < 1}. Let p = (l/n,ûn(n))GaX\X,and q = (0,1/\/2) G R(aX\X). Let yX = aX/{p ,q} and h : aX -► yX be the quotient map. Clearly both aX\X and yX\X are almost locally compact.
Take Y = W* x aX\{cox} x (aX\X). Then aX\X = ßY\Y, and yX\X = SY\Y. Let K be dSY{(l/n,y): 0 < |y| < 1}, compact. The author has been unable to resolve the question as to whether the existence of an almost locally compact aX\X by itself implies that ßX\X is almost locally compact, however he conjectures it is false. The author wishes to thank R. G. Woods for the following.
22. Example. A space X with a compactification aX such that aX\X is nowhere locally compact, while ßX\X is almost locally compact.
Let C be the Cantor set. As a subspace of [0,1], diam(C) = 1. Let {An}f be a sequence of pairwise disjoint clopen subsets of C with (i) oÉurv 
